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If L is a subspace of a symplectic space (X,w), then obviously the form
w |z and its exterior powers w* (volume form in particular) are symplectic
invariants. The natural questions are raised by this property: Does the as-
sumption that such linear subspace data are preserved determine interesting
transformations of the symplectic vector space? And is it possible to collect
such partial ”information” from a finite family of subspaces and construct
a complete system of invariants for the symplectic group? To answer these
questions we establish the structural data on subspaces and find the groups
of automorphisms defined by them. We discuss the case of a finite family of
2k-dimensional subspaces of a symplectic vector space and describe the prop-
erties of linear automorphisms preserving the symplectic data w*. The crucial
property that the subspaces of the system are not co-planar, that is, they do
not belong to any hyperplane in the appropriate Grassmannian, allows us to
get symplectomorphisms or even more generally linear symplectic relations
or conformal symplectomorphisms. In the case of singular L € R*" we prove
the genralized version of Darboux-Givental theorem. If w;,wy are symplectic
forms on R*" with the same algebraic restriction to L, i.e. w; —wy = o+ df3
where « and [ are vanishing on L (a(z) = 0,3(z) = 0 for all z € L) and
wi — wy is trivial in H?(L) then there exists a local diffeomorphism germ
which transforms w; into wy. In the case of curves, we derive their symplec-
tic classification and describe the basic symplectic invariants like symplectic
defect and symplectic codimension being recognized as a Delta invariant.
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